31. Tobeproved: if )!l_r)rlo1 f(x)=Land )!I_I;T‘;jl f(X) = M, thenL = M.
Proof: Suppose L # M. Lete = |L — M|/3. Thene > 0. Since)!i_r)r‘]if(x) = L, there
exists§1 > Osuchthat |f (x) — L| < €if [x —a| < 81. Since)!i_r)r;1 f(X) = M, there exists
32 > Osuchthat | f(X) — M| < e if [x—a| < 82. Let§ = min(8q, 82). If [Xx —a| < 8, then

e =|L-M[=[(f(X) = M)+ (L - f(X)]
<|[fX)=M|+|f(X) —L| <e+e=2e.

Thisimpliesthat 3 < 2, a contradiction. Thus the original assumption that L # M must
be incorrect. Therefore L = M.



